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Æ„˙Â„ÁÂÈÓ ˙Â‡¯Â‰∫

Æ±Æ„·Ï· ‰¯ÙÒÓ ˙‡ ÔÓÒ ª‰Ï‡˘‰ ˙‡ ˜È˙Ú˙ Ï‡
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10ÆÆ‡Ï˘ ˜Á¯Ó‰˘ ¨¯Â˘ÈÓ· ˙Â„Â˜‰ ÏÎ Ï˘ È¯ËÓÂ‡‚‰ ÌÂ˜Ó‰ ˙‡ÂÂ˘Ó ˙‡ ‡ˆÓ

  ‰„Â˜‰Ó Ô‰Ó ˙Á‡ ÏÎN(3 , 0)  ‡Â‰  3
5

Ô‰Ó ˙Á‡ ÏÎ Ï˘ ˜Á¯Ó‰Ó  

   ¯˘È‰Óx  = 25
3

Æ  

Æ·¨‡ ÛÈÚÒ· ˙‡ˆÓ Â˙‡ÂÂ˘Ó ˙‡˘ ¨È¯ËÓÂ‡‚‰ ÌÂ˜Ó‰ Ï˘ ˙ÈÒ„‰‰ ‰¯Âˆ‰ È‰Ó Ú·˜

ÆÌÈ¯Èˆ‰ ˙‡ ˙Î˙ÂÁ ‡È‰ ˙Â„Â˜ ÂÏÈ‡· ‡ˆÓÂ

11Æ   ÔÈÂÚÓ·ABCD  ÚÏˆ‰  AB   ¯˘È‰ ÏÚ ˙ÁÂÓ  5x  +  y  +  2  =  0¨  

  ÔÂÒÎÏ‡‰ÂDB    ¯˘È‰ ÏÚ ÁÂÓ  x  +  y  +  2  =  0Æ  

  „Â˜„˜‰D  ‡Â‰ ÔÈÂÚÓ‰ ‰·Â‚  ÆÈ˘‰ ÚÈ·¯· ‡ˆÓ    24
26

 Æ

Æ‡  „Â˜„˜‰ È¯ÂÚÈ˘ ˙‡ ‡ˆÓDÆ 

Æ·  „Â˜„˜‰ È¯ÂÚÈ˘ ˙‡ ‡ˆÓAÆ 
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12Æ  ‰¯˘È ‰„ÈÓ¯ÈÙ Ï˘ ÒÈÒ·‰KABC

‰ÂÂ˘ ˘ÏÂ˘Ó ‡Â‰ÐÆÌÈÈ˜Â˘

  ∫ÔÂ˙AB  =  AC  =  b¨  

BAC  = α∠)¨®¯ÂÈˆ ‰‡¯©   

  ‡È‰ ÒÈÒ·Ï È„„ˆ ÚÂˆ˜Ó ÔÈ· ˙ÈÂÂÊ‰βÆ 

Æ‡  ˙ÂÚˆÓ‡· Ú·‰b  ¨ αÂ   Ð βÆ‰„ÈÓ¯ÈÙ‰ ÁÙ ˙‡   

Æ·   ∫Ì‚ ÔÂ˙α  = 72o  ¨  β  5= 4 oÆ  

  ‰‡Ù‰ ÔÈ·˘ ˙ÈÂÂÊ‰ ˙‡ ‡ˆÓBKCÆÒÈÒ·Ï  

13Æ  ‰¯˘È ‰¯ÒÓ ‰Â˙'C'B'ABCA‰ÒÈÒ·˘  

‰ÂÂ˘ ˘ÏÂ˘ÓÐ¯˘ÈÂ ÌÈÈ˜Â˘Ð© ˙ÈÂÂÊACB  0= 9 o∠)(Æ

  ‰„Â˜M  ÚÏˆ‰ ÚˆÓ‡ ‡È‰  'B'A¨

  ‰„Â˜ÂD ÚÏˆ‰ ÚˆÓ‡ ‡È‰  'B'CÆ 

R  ˘ÏÂ˘Ó‰ ˙‡ ÌÒÂÁ‰ Ï‚ÚÓ‰ ÒÂÈ„¯ ‡Â‰  'B'C'AÆ 

  ¯Â˘ÈÓ‰ ÔÈ· ˙ÈÂÂÊ‰AMDC ÒÈÒ·‰ ¯Â˘ÈÓÏ  ABC  ‡È‰ αÆ 

  ˙ÂÚˆÓ‡· Ú·‰RÂ  Ð α  ÊÙ¯Ë‰ ÁË˘ ˙‡  AMDCÆ 
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14Æ  ˙˘ÏÂ˘Ó ‰„ÈÓ¯ÈÙ· ABCD  ‰„Â˜‰ ®¯ÂÈˆ ‰‡¯©  P

  ÚÏˆ‰ ˙ÁÂÓ ÂÈÏÚ˘ ¯˘È‰ ÏÚ ˙‡ˆÓ BC Æ 

     ∫ÔÓÒAD w
→

=     ¨   AC v
→

=      ¨   AB u
→

=  ¨  

BP BC
→

= ⋅
→

   tÆ 

    ∫ÔÂ˙CAD o  = 60∠)  BAC =∠)¨  

BAD  20= 1 o∠)¨  

| | |u v w|   |   |   = = = 1Æ 

  Ï˘ Í¯Ú ‰ÊÈ‡ ¯Â·Út  ÔÈ· ˙ÈÂÂÊ‰ ¨ AP
→

 –Ï  AD
→

  ÔÈ· ˙ÈÂÂÊÏ ‰ÂÂ˘  AP
→

Ï   Ð AC
→

ø  

15Æ  ‰·È˙· 'D'C'B'ABCDA  ˙ÂÚÏˆ‰   AB  ¨ ADÂ  Ð 'AA

ÆÍÈÙÏ˘ ¯ÂÈˆ· ¯‡Â˙ÓÎ ¨ÌÈ¯Èˆ‰ ÏÚ ˙ÂÁÂÓ

  ‰„Â˜E ÚÏˆ‰ ÚˆÓ‡ ‡È‰  'CCÆ 

  ∫ÔÂ˙|   = 6'| AA
→

     | AD
→

=|   4     | AB
→

=|   2

Æ‡¯·ÂÚ‰ ¯˘È‰ Ï˘ ˙È¯ËÓ¯Ù ‰‚ˆ‰ ‡ˆÓ

  ‰„Â˜‰ Í¯„Ε¯Â˘ÈÓÏ ÍÂ‡ÓÂ  

  Í¯„ ¯·ÂÚ‰DB'AÆ 

Æ·  ‰„Â˜‰ ˜Á¯Ó ˙‡ ‡ˆÓE   Í¯„ ¯·ÂÚ‰ ¯Â˘ÈÓ‰Ó  DB'AÆ 
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˙ÂÈÓ˙È¯‚ÂÏÂ ˙ÂÈÎÈ¯ÚÓ ˙ÂÈˆ˜ÂÙ ¨ÌÈ·ÎÂ¯Ó ÌÈ¯ÙÒÓ

16Æ     ∫‰‡ÂÂ˘Ó‰ ‰Â˙z z s i t2 2 22 8           + − =| |     ¨  zÆ·ÎÂ¯Ó ¯ÙÒÓ ‡Â‰   

s    –ÂtÆÒÙ‡Ó ÌÈÂ˘ ÌÈÈ˘ÓÓ ÌÈ¯ÙÒÓ Ì‰˘ ÌÈ¯ËÓ¯Ù Ì‰  

z1–Â    z2Æ‰‡ÂÂ˘Ó‰ ˙ÂÂ¯˙Ù Ì‰  

Æ‡   ˙ÂÚˆÓ‡· ‰‡ÂÂ˘Ó‰ ˙ÂÂ¯˙Ù ˙‡ Ú·‰s   –Â  tÆ 

Æ·     ∫ÔÂ˙z z i1 2 8⋅ = −    Æ 

   ÌÈ¯ËÓ¯Ù‰ ˙‡ ‡ˆÓs   –Â  tÆ 

17Æ     ∫‰Èˆ˜ÂÙ‰ ‰Â˙y e
x

ax
   

  

 

= −1
   ¨   a  > 0Æ  

Æ‡Æ‰Èˆ˜ÂÙ‰ Ï˘ ‰¯„‚‰‰ ÌÂÁ˙ ˙‡ ‡ˆÓ

Æ·  ˙ÂÚˆÓ‡· Ú·‰aÆ‰‚ÂÒ ˙‡ Ú·˜Â ¨‰Èˆ˜ÂÙ‰ Ï˘ ÔÂˆÈ˜‰ ˙„Â˜ Ï˘ ÌÈ¯ÂÚÈ˘‰ ˙‡  

Æ‚ÆÌÈ¯ÈˆÏ ˙ÂÏÈ·˜Ó‰ ‰Èˆ˜ÂÙ‰ Ï˘ ˙ÂËÂËÙÓÈÒ‡‰ ˙‡ ‡ˆÓ

Æ„Æ‰Èˆ˜ÂÙ‰ Û¯‚ Ï˘ ‰ˆÈ˜Ò ËË¯Ò

Æ‰   ¯˘È‰ ÔÂ˙y k    =Æ 

  ˙ÂÚˆÓ‡· Ú·‰a  Ï˘ ÌÈÎ¯Ú‰ ˙‡  k ÔÂ˙‰ ¯˘È‰ ÔÈ· ÍÂ˙ÈÁ ˙Â„Â˜ ÔÈ‡ Ì¯Â·Ú˘  ¨

Æ‰Â˙‰ ‰Èˆ˜ÂÙÏ
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