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Æ‡‰ÈÁ·‰ Í˘ÓÆÌÈÈ˙Ú˘  ∫

Æ·‰Î¯Ú‰‰ Á˙ÙÓÂ ÔÂÏ‡˘‰ ‰·ÓÆ„Á‡ ˜¯Ù ‰Ê ÔÂÏ‡˘·   ∫
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Æ‚˘ÂÓÈ˘· ¯˙ÂÓ ¯ÊÚ ¯ÓÂÁ∫
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Æ„˙Â„ÁÂÈÓ ˙Â‡¯Â‰∫
Æ±Æ„·Ï· ‰¯ÙÒÓ ˙‡ ÔÓÒ ª‰Ï‡˘‰ ˙‡ ˜È˙Ú˙ Ï‡
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Æ‰ÈÁ·‰ ˙ÏÈÒÙÏ ÌÂ¯‚Ï ÏÂÏÚ ˙¯Á‡ ‰ËÂÈË· ˘ÂÓÈ˘

Æ„Á‡Î ÌÈÁ·ÏÂ ˙ÂÁ·Ï ˙ÂÂÂÎÓÂ ¯ÎÊ ÔÂ˘Ï· ˙ÂÁÒÂÓ ‰Ê ÔÂÏ‡˘· ˙ÂÈÁ‰‰

°°°°    ‰‰‰‰    ÁÁÁÁ    ÏÏÏÏ    ˆ̂̂̂    ‰‰‰‰    ····

      ØÛ„Ï ¯·ÚÓ Í˘Ó‰Ø



S

CD

O

BA

α2

 ≠≤±∏π ¨±∑¥ ¨∞≥µ≤∞≤ ßÒÓ ¨‚¢Ò˘˙ Û¯ÂÁ ¨‰˜ÈËÓ˙Ó              ≠ 
                                                    ÁÙÒ ´

˙̇̇̇    ÂÂÂÂ    ÏÏÏÏ    ‡‡‡‡    ˘̆̆̆    ‰‰‰‰
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˙̇̇̇ÂÂÂÂÈÈÈÈÓÓÓÓ˙̇̇̇ÈÈÈÈ¯̄̄̄‚‚‚‚ÂÂÂÂÏÏÏÏÂÂÂÂ    ˙̇̇̇ÂÂÂÂÈÈÈÈÎÎÎÎÈÈÈÈ¯̄̄̄ÚÚÚÚÓÓÓÓ        © 100®˙Â„Â˜ 

 ¯Â˙ÙÚ·¯‡  ˙ÂÏ‡˘‰Ó 17-10 Ô‰Ó ¨˙Á‡ ˙ÂÁÙÏ  ˙ÂÏ‡˘‰Ó 17-16 — ‰Ï‡˘ ÏÎÏ©  25Æ®˙Â„Â˜  

·Á¯Ó‰ ˙Ò„‰ ¨˙ÈËÈÏ‡ ‰Ò„‰

10Æ   ‰„Â˜· ÌÈ˘‚Ù ÚÂ·È¯ ÈÂÒÎÏ‡(1 ,  2)ÚÂ·È¯‰ ˙ÂÚÏˆ ˙Â‡ˆÓ Ì‰ÈÏÚ˘ ÌÈ¯˘È‰  Æ 

  ¯˘È‰ ÌÚ ÌÈ¯ˆÂÈy =  2x +  9  Ï˘ ˙ÂÈÂÂÊ   45o  ‡Â‰ ÚÂ·È¯‰ ÚÏˆ Í¯Â‡  Æ 10Æ 

ÆÚÂ·È¯‰ È„Â˜„˜ ˙‡ ‡ˆÓ

11Æ     ∫Ï‚ÚÓ‰ ÔÂ˙( )x  a− 2 2 +   y  =   1            a >  1Æ 

Æ‡ÌÈ˜È˘Ó‰ ÌÈÏ‚ÚÓ‰ ÈÊÎ¯Ó Ï˘ È¯ËÓÂ‡‚‰ ÌÂ˜Ó‰ ˙‡ÂÂ˘Ó ˙‡ ‡ˆÓ

  ¯˘ÈÏx =  − 2  ˙ÂÚˆÓ‡· Ú·‰©  ÆÔÂ˙‰ Ï‚ÚÓÏ ıÂÁ·Ó ÌÈ˜È˘ÓÂ  a®Æ 

Æ·  ‰„Â˜‰ ÈÎ ÔÂ˙(0 ,  0)Æ‡ ÛÈÚÒ· ˙‡ˆÓ˘ È¯ËÓÂ‡‚‰ ÌÂ˜Ó‰ ÏÚ ˙‡ˆÓ  

  ˙‡ ·˘ÁaÆ 

12Æ  ‰ÒÈÒ·˘ ‰¯˘È ‰„ÈÓ¯ÈÙ ‰Â˙ABCDÆ®¯ÂÈˆ ‰‡¯© ÚÂ·È¯ ‡Â‰  

  ‡È‰ ‰„ÈÓ¯ÈÙ‰ ÒÈÒ·Ï È„„ˆ ÚÂˆ˜Ó ÔÈ·˘ ˙ÈÂÂÊ‰βÆ 

   ∫ÔÂ˙BSC  2= α∠)Æ  

Æ‡    ∫ÁÎÂ‰cos2 2β α =  2 sinÆ 

Æ·  ‡Â‰ ‰„ÈÓ¯ÈÙ‰ ‰·Â‚ Í¯Â‡ ÈÎ Ì‚ ÔÂ˙SO h  =Æ 

  ˙ÂÚˆÓ‡· Ú·‰h–ÂαÆ‰„ÈÓ¯ÈÙ‰ Ï˘ ˙ÙËÚÓ‰ ÁË˘ ˙‡

Ø≥ „ÂÓÚ· Í˘Ó‰Ø
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13Æ   ˙˘ÏÂ˘Ó ‰¯˘È ‰¯ÒÓ ‰Â˙ABCA B C' ' '¨ 

˙ÈÂÂÊ–È¯˘È ÌÈ˘ÏÂ˘Ó Ì‰ ‰ÈÒÈÒ·˘

C'  =  90 o )∠) C =∠)(Æ®¯ÂÈˆ ‰‡¯©  

  ‰‡Ù‰ ¯Â˘ÈÓ ÔÈ· ˙ÈÂÂÊ‰AA B B' '

  ‰‡Ù‰ ¯Â˘ÈÓÏAA C C' '  ‡È‰  αÆ 

Æ‡˙ÂÚˆÓ‡· Ú·‰  α  ÁË˘ ÔÈ· ÒÁÈ‰ ˙‡

˘ÏÂ˘Ó‰  A B A' '˘ÏÂ˘Ó‰ ÁË˘Ï    A C A' ' Æ

Æ·      ∫Ì‚ ÔÂ˙α =  60o       AB =  2 m      CC'  =  3 m Æ 

  ÔÂÒÎÏ‡‰ ÔÈ· ˙ÈÂÂÊ‰ ˙‡ ·˘ÁAB'  ‰‡Ù‰ ¯Â˘ÈÓÏ  AA C' 'CÆ 

ÌÈ¯ÂË˜Â

14ÆABCS˘ÏÂ˘Ó ‰ÒÈÒ·˘ ¨˙˘ÏÂ˘Ó ‰„ÈÓ¯ÈÙ ‡È‰  

  ÌÈÈ˜Â˘–‰ÂÂ˘Â ˙ÈÂÂÊ–¯˘ÈBAC =  90o)∠)(Æ 

  ÚÂˆ˜Ó‰SA  ÒÈÒ·Ï ÍÂ‡Ó  ABCÆ®¯ÂÈˆ ‰‡¯©  

     ∫ÔÓÒA uC  
→

=       A vB  
→

=        AS w  
→

=Æ 

     ∫ÔÂ˙| | | | | |w v u      1= = =¨   

   AF
→

⋅
→

⋅
→

 =  t AC +  s AS  ‰„Â˜‰©    F  ¯Â˘ÈÓ‰ ÏÚ ˙‡ˆÓ  SAC¨ ®

 ¯ÂË˜ÂÂ‰BF 
→

  ˙ÈÂÂÊ ¯ˆÂÈ  α  ÌÈ¯ÂË˜ÂÂ‰Ó „Á‡ ÏÎ ÌÚ  BS 
→

  –Â  BC 
→

Æ 

Æ‡  ÈÎ ‰‡¯‰t =  sÆ 

Æ·  ÈÎ Ì‚ ÔÂ˙BF 
→

  ˙ÈÂÂÊ ‰˙Â‡ ¯ˆÂÈ  α  ÌÚ  BA 
→

  ˙‡ ·˘Á    Æ sÆ 

Ø¥ „ÂÓÚ· Í˘Ó‰Ø
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15Æ  ¯˘È
  
l

1
   ˙Â„Â˜‰ Í¯„ ¯·ÂÚ  A(− −  ,   ,  3)6 7  –Â  B(− −  ,   ,  6)4 7 Æ 

  ∫¯Â˘ÈÓ‰ ÔÂ˙π :      =  0 3x +   4y +   m z − 6     m)Æ®¯ËÓ¯Ù ‡Â‰  

Æ‡  Ï˘ Í¯Ú ‰ÊÈ‡ ¯Â·Ú ‡ˆÓm ¯˘È‰  
  
l

1
  ¯Â˘ÈÓÏ ÏÈ·˜Ó  πÆ 

Æ·  ¯Â·Úm  ¯˘È‰ Ï˘ ˙È¯ËÓ¯Ù ‰‚ˆ‰ ‡ˆÓ  ¨‡ ÛÈÚÒ· ˙‡ˆÓ˘    l2

  ‰„Â˜‰ Í¯„ ¯·ÂÚ‰A  ¯Â˘ÈÓÏ ÍÂ‡ÓÂ  πÆ 

Æ‚  l2¯Â˘ÈÓ‰ ˙‡ Í˙ÂÁ   π  ‰„Â˜·  C  ‰„Â˜‰ ˙‡ ‡ˆÓ  Æ CÆ 

Æ„  ¯˘È‰  l3¯Â˘ÈÓ· ÏÎÂÓ   π   ¯˘ÈÏ ÏÈ·˜ÓÂ 
  
l

1
ÌÈÏÎÂÓ‰ ÌÈ¯˘È‰ ÏÎ ÔÈ·Ó  Æ 

¯Â˘ÈÓ·  π  ¯˘ÈÏ ÌÈÏÈ·˜ÓÂ  
  
l

1
¯˘È‰  ¨     l3  ¯˘ÈÏ ¯˙ÂÈ· ·Â¯˜‰ ‡Â‰  

  
l

1
Æ 

  ÔÈ· ˜Á¯Ó‰ ˙‡ ‡ˆÓ
  
l

1
  –Ï    l3Æ 
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˙ÂÈÓ˙È¯‚ÂÏÂ ˙ÂÈÎÈ¯ÚÓ ˙ÂÈˆ˜ÂÙ ¨ÌÈ·ÎÂ¯Ó ÌÈ¯ÙÒÓ

16Æ      ∫‰‡ÂÂ˘Ó‰ ‰Â˙(1 2 2 +  i) z     +   m  =  02 − −m z

 z  ¨ ·ÎÂ¯Ó ‰˙˘Ó  — mÆ·ÎÂ¯Ó ¯ËÓ¯Ù  —  

Æ‡  ÈÎ¯Ú ÂÏÈ‡ ¯Â·Ú ‡ˆÓmÆ„ÈÁÈ ÔÂ¯˙Ù ‰‡ÂÂ˘ÓÏ ˘È  

Æ·  Ï˘ ÌÈÎ¯Ú‰Ó „Á‡ ¯Â·Ú „ÈÁÈ‰ ÔÂ¯˙Ù‰ ˙‡ ‡ˆÓmÆ‡ ÛÈÚÒ· ˙‡ˆÓ˘  

Øµ „ÂÓÚ· Í˘Ó‰Ø
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17ÆÆ‡   ‰Èˆ˜ÂÙ‰ Ï˘ ˙¯Ê‚‰ ÈÎ ÁÎÂ‰f x
mx

e mx
( )    

  = − − 1
   ‡È‰   

m

e

2

mx

x
Æ   

    ∫‰Èˆ˜ÂÙ‰ ‰Â˙( )m x
emx        g(x) =  m2

> 0Æ®¯ÂÈˆ ‰‡¯©    

Æ·  ˙ÂÚˆÓ‡· Ú·‰m –‰ ¯ÂÚÈ˘ ˙‡  xÏ˘  

  ‰Èˆ˜ÂÙ‰ Ï˘ ÔÂˆÈ˜‰ ˙„Â˜g x( )Æ 

Æ‚  ‰Èˆ˜ÂÙ‰ Ï˘ ÔÂˆÈ˜‰ ˙„Â˜ Í¯„g x( )

 –‰ ¯ÈˆÏ ÍÂ‡Ó‰ ¯˘È ÌÈ¯È·ÚÓxÆ 

  ‰Èˆ˜ÂÙ‰ Û¯‚ È„È–ÏÚ Ï·‚ÂÓ‰ ÁË˘‰ ÈÎ ÁÎÂ‰g x( )Í‡‰ È„È–ÏÚ ¨ 

 –‰ ¯Èˆ È„È–ÏÚÂx–· ÈÂÏ˙ ÂÈ‡  mÆ 

°°°°    ‰‰‰‰    ÁÁÁÁ    ÏÏÏÏ    ˆ̂̂̂    ‰‰‰‰    ····
Ï‡¯˘È ˙È„ÓÏ ‰¯ÂÓ˘ ÌÈ¯ˆÂÈ‰ ˙ÂÎÊ

ÍÂÈÁ‰ „¯˘Ó ˙Â˘¯· ‡Ï‡ ÌÒ¯ÙÏ Â‡ ˜È˙Ú‰Ï ÔÈ‡










