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3

16Æ®˙Â„Â˜  

¯Â˘ÈÓ‰ ˙Ò„‰

1ÆÆ‡„Á‡ Í˙ÂÁ ˙ÏÙÎÓ Ê‡ ¨‰„Â˜ ‰˙Â‡Ó ÌÈÎ˙ÂÁ È˘ ÌÈ‡ˆÂÈ Ï‚ÚÓÏ Ì‡ ÈÎ ÁÎÂ‰

ÆÈÂˆÈÁ‰ Â˜ÏÁ· ¯Á‡‰ Í˙ÂÁ‰ ˙ÏÙÎÓÏ ‰ÂÂ˘ ÈÂˆÈÁ‰ Â˜ÏÁ·

Æ·  ‰„Â˜ÓCÏ‚ÚÓ‰ ˙‡ ÌÈÎ˙ÂÁ‰ ÌÈ¯˘È È˘ ÌÈ‡ˆÂÈ  

  ˙Â„Â˜·E –Â  A ¨  D –Â   BÆ¯ÂÈˆ· ¯‡Â˙ÓÎ  ¨ 

ABCÌÈÈ˜Â˘–‰ÂÂ˘ ˘ÏÂ˘Ó ‡Â‰  

  Â·˘10 Ó¢Ò AB AC   = =¨ 

  ˜Â˘‰ÂABÆÏ‚ÚÓ‰ ¯ËÂ˜ ‡È‰  

  ∫Ì‚ ÔÂ˙8 Ó¢Ò BC = ˙‡ ·˘Á   Æ CEÆ 

‰¯·‚Ï‡

2Æ  ÏÎ˘ ˙ÈÒ„‰ ‰¯„Ò ‰Â˙nÆÌÈÈ·ÂÈÁ Ì‰ ‰Ï˘ ÌÈ¯·È‡‰  

  ÌÂÎÒn − 2  ÈÙ ÏÂ„‚ ÌÈÂ¯Á‡‰ ÌÈ¯·È‡‰  4  ÌÂÎÒÓ  n − 2ÆÌÈÂ˘‡¯‰ ÌÈ¯·È‡‰  

Æ‡Æ‰¯„Ò‰ ˙Ó ˙‡ ·˘Á

Æ·  ÈÎ ÔÂ˙n ¯ÙÒÓ ‡Â‰  È‚ÂÊ       ∫ÔÓÒ  ÆS   a   a   a   ... an 1 2 3 n= + + + +

                                                         T   a   a   a   ... an 1 2 3 n= − + − −

©a , a , a , ... ,  a1     2 3 nÆ®‰Â˙‰ ‰¯„Ò‰ È¯·È‡ Ì‰  

   ∫ÒÁÈ‰ ˙‡ ·˘Á
S
T

n
n

Æ  
Ø≥ „ÂÓÚ· Í˘Ó‰Ø
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3Æ                 ∫‰‚ÈÒ ÏÏÎ È„È–ÏÚ ˙¯„‚ÂÓ ‰¯„Ò             a1 1  1=

                                                 a a nn n+ = + +1 2 1          1

 –· ˜ÏÁ˙Ó È‚ÂÊ ÌÂ˜Ó· ‡ˆÓ‰ ‰¯„Ò· ¯·È‡ ÏÎ ÈÎ ¨˙¯Á‡ Í¯„· Â‡ ¨‰Èˆ˜Â„È‡· ÁÎÂ‰8Æ 

4Æ  ˘È ÌÈ¯ÈÈ˙ ÒÂ·ÂËÂ‡·10  ¨ÌÈ¯·‚ 8 –Â   ÌÈ˘ 5ÆÌÈ„ÏÈ 

  ˙Á‡ ‰ˆÂ·˜· ∫˙ÂˆÂ·˜ È˙˘Ï ÌÈ¯ÈÈ˙‰ ˙‡ ÌÈ˜ÏÁÓ3  ¨ÌÈ„ÏÈ 5 –Â  ÌÈ¯·‚ 4¨ÌÈ˘ 

  ˙¯Á‡‰ ‰ˆÂ·˜·Â2 ¨ÌÈ„ÏÈ 5 –Â  ÌÈ¯·‚ 4ÌÈ˘‰ ˙Á‡ ˙‡ ÌÈÓÓ ‰ˆÂ·˜ ÏÎ· ÆÌÈ˘ 

Æ‰ˆÂ·˜‰ ÏÚ ˙È‡¯Á‡Ï

Æ˙ÂˆÂ·˜‰ È˙˘ ˙‡ ·ÈÎ¯‰Ï ¯˘Ù‡ ÌÈÙÂ‡ ‰ÓÎ· ‡ˆÓ
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 ¯Â˙Ù˘ÂÏ˘  ˙ÂÏ‡˘‰Ó 9-5 — ‰Ï‡˘ ÏÎÏ©  2
3

16Æ®˙Â„Â˜ 

5Æ     ∫‰Èˆ˜ÂÙ‰ ‰Â˙f(x)    a  +     5
  x +  16

  = −
−
4 1

82
x

x
Æ  

  ‰ËÂËÙÓÈÒ‡ ˘È ‰Èˆ˜ÂÙÏy  = 2Æ 

Æ‡  ˙‡ ‡ˆÓaÆ 

  ¯Â·Úa∫‡ ÛÈÚÒ· ˙‡ˆÓ˘  

Æ·Æ‰Èˆ˜ÂÙ‰ Ï˘ ‰¯„‚‰‰ ÌÂÁ˙ ˙‡ ‡ˆÓ

Æ‚Æ‰‚ÂÒ ˙‡ Ú·˜Â ¨‰Èˆ˜ÂÙ‰ Ï˘ ÔÂˆÈ˜‰ ˙„Â˜ ˙‡ ‡ˆÓ

Æ„ÆÌÈ¯Èˆ‰ ÌÚ ‰Èˆ˜ÂÙ‰ Ï˘ ÍÂ˙ÈÁ‰ ˙Â„Â˜ ˙‡ ‡ˆÓ

Æ‰Æ‰Èˆ˜ÂÙ‰ Û¯‚ Ï˘ ‰ˆÈ˜Ò ËË¯Ò
Ø¥ „ÂÓÚ· Í˘Ó‰Ø
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6ÆABCDE  ˘ÏÂ˘ÓÓ ·Î¯ÂÓ‰ ˘ÓÂÁÓ ‡Â‰  ABE

  Ô·ÏÓÓÂEBCDÆ®¯ÂÈˆ ‰‡¯©   

   ∫ÔÂ˙1 Ó¢Ò BC =     ¨ 2 Ó¢Ò A AEB   ==Æ 

ÆÈÏÓÈÒ˜Ó ÂÁË˘˘ ˘ÓÂÁÓ‰ Ï˘ ÁË˘‰ ˙‡ ‡ˆÓ

7Æ   ∫‰Èˆ˜ÂÙ‰ ‰Â˙y a x   =   ( )a  > 0Æ 

  ‰„Â˜·A t a t( , )  ˜È˘Ó Â¯È·Ú‰ ¨ 

 –‰ ¯Èˆ ˙‡ Í˙ÂÁ‰ ¨‰Èˆ˜ÂÙ‰ Û¯‚Ïx

  ‰„Â˜·B ( 4 , 0)−    Æ®¯ÂÈˆ ‰‡¯©  

Æ‡  ˙‡ ·˘ÁtÆ  

Æ· –‰ ¯Èˆ ˙‡ Í˙ÂÁ ˜È˘Ó‰ ÈÎ ‰‡¯‰y  ‰„Â˜·  ( , )0  aÆ 

Æ‚ –‰ ¯Èˆy¨‰Èˆ˜ÂÙ‰ Û¯‚ È„È–ÏÚ Ï·‚ÂÓ‰ ¨ÁË˘‰ ˙‡ ˜ÏÁÓ  

 –‰ ¯Èˆ È„È–ÏÚÂ ˜È˘Ó‰ È„È–ÏÚx  ÌÈÁË˘ È˘Ï  ¨ S1 –Â  S2Æ®¯ÂÈˆ ‰‡¯©   

     ∫ÁÎÂ‰S  S21 
 1
3=Æ 

8ÆÆ‡α  –Â  β   ∫ÔÂ˙  ÆÂ‰˘ÏÎ ˘ÏÂ˘Ó· ˙ÂÈÂÂÊ Ô‰  tg tgα β α β     tg (− = − )Æ 

ÆÌÈÈ˜Â˘–‰ÂÂ˘ ‡Â‰ ˘ÏÂ˘Ó‰ ÈÎ ÁÎÂ‰

Æ·γ β α ,   ,  Æ‡ ÛÈÚÒ·˘ ˘ÏÂ˘Ó‰Ó ‰Â˘ ˘ÏÂ˘Ó· ˙ÂÈÂÂÊ Ô‰  

    ∫ÔÂ˙γ =  135oÆ 

    ∫ÁÎÂ‰(1 +  tg ) (1 +  tg ) =  2α βÆ 

Øµ „ÂÓÚ· Í˘Ó‰Ø
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9ÆCD  ˘ÏÂ˘Ó· ‰·Â‚ ‡Â‰  ABCÆ®¯ÂÈˆ ‰‡¯©   

  ∫ÔÂ˙B  = β∠)   ¨    A  = α∠)    ¨   CD  h=Æ  

Æ‡  ˘ÏÂ˘Ó‰ ÁË˘ ˙‡ Ú·‰ABC

  ˙ÂÚˆÓ‡·α ,  h –Â  βÆ 

Æ·  Â¯ËÂ˜˘ Ï‚ÚÓCD  ˙ÂÚÏˆ‰ ˙‡ Í˙ÂÁ  BC –Â   AC  ˙Â„Â˜·  E –Â   F

Æ®¯ÂÈˆ ‰‡¯©  ‰Ó‡˙‰·

®±©  ˙ÂÚˆÓ‡· Ú·‰α  –Â  β  ˙‡  FDE∠)Æ 

®≤©  ˙ÂÚˆÓ‡· Ú·‰α –Â  β  ˘ÏÂ˘Ó‰ ÁË˘ ÔÈ· ÒÁÈ‰  ˙‡  DEFÁË˘Ï  

  ˘ÏÂ˘Ó‰ABCÆ 
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